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An interplay of geometrical frustration and strong quantum fluctuations in a spin-1/2
triangular-lattice antiferromagnet (TAF) can lead to exotic quantum states. Here, we
report the neutron-scattering, magnetization, specific heat, and magnetocaloric studies
of the recently discovered spin-1/2 TAF Na2BaCo(PO4)2, which can be described by a
spin-1/2 easy axis XXZ model. The zero-field neutron diffraction experiment reveals an
incommensurate antiferromagnetic ground state with a significantly reduced ordered
moment of about 0.54(2) µB/Co. Different magnetic phase diagrams with magnetic
fields in the ab plane and along the easy c-axis were extracted based on the magnetic
susceptibility, specific heat, and elastic neutron-scattering results. In addition, two-
dimensional (2D) spin dispersion in the triangular plane was observed in the high-field
polarized state, and microscopic exchange parameters of the spin Hamiltonian have
been determined through the linear spin wave theory. Consistently, quantum critical
behaviors with the universality class of d = 2 and νz = 1 were established in the vicinity
of the saturation field, where a Bose–Einstein condensation (BEC) of diluted magnons
occurs. The newly discovered quantum criticality and fractional magnetization phase
in this ideal spin-1/2 TAF present exciting opportunities for exploring exotic quantum
phenomena.

quantum criticality | quantum magnet | neutron scattering | spin frustration | universal scaling

Quantum antiferromagnet with frustrated spin lattices offers an exemplary system for
exploring the quantum phase transitions of interacting bosons (1). Starting from the fully
polarized state at high magnetic fields, the S = 1/2 spins can be exactly mapped onto
hard-core bosons. The applied magnetic field which acts as the chemical potential tunes
the density of the bosons from zero as lowering field, creating a quantum critical point
(QCP) of the Bose–Einstain condensation (BEC) type universality class (2–10). With
further lowering field, more bosons are introduced to the frustrated spin lattice, and the
interactions between the bosons are no longer negligible. When the frustration is strong
and the potential energy is dominating, Wigner crystallization into superlattices with
sharp step-like fractional magnetization plateaus is expected (11–13). With special cases,
continuous transitions of a supersolid-like coexistence phase may exist as well (14, 15). On
the two-dimensional (2D) triangular lattice of spin-1/2, the geometrical frustration leads
to a narrow bandwidth for the bosons, and many of these emerged exotic quantum states
have been theoretically proposed, depending on the relative strength of the competing
interactions (16, 17). Experimentally, for a two-dimensional spin-1/2 triangular-lattice
antiferromagnet (TAF), the 1/3 magnetization plateau corresponding to a quantum
up–up–down (UUD) state has been observed in several materials, including isosceles
triangular lattice system Cs2CuBr4 (18–21), the equilateral triangular lattice materials
Ba3CoSb2O9 (22–25), and the AYbCh2 (A = Na and Cs, Ch = O, S, Se) family (26–29).

Furthermore, field-induced phase transitions in the quantum antiferromagnets
provide a unique approach to understanding quantum criticality for the bosonic system.
The fermionic system in the heavy-fermion compounds exhibits the quantum universal
scaling of thermodynamic properties (30, 31). In a few one-dimensional (1D) bosonic
systems, the quantum universal scaling is established (32, 33) in which the transmutation
between the fermionic and bosonic statistics occurs (34). Due to the large critical fields
that are usually beyond the limit of most laboratory magnets, experimental investigations
of the related quantum criticality in the 2D antiferromagnets, e.g., the spin-1/2 triangular-
lattices (18, 22, 23), have been rarely explored before. Therefore, it is of great interest to
study the quantum universal scaling of thermodynamic properties in the two-dimensional
frustrated quantum antiferromagnetic (AFM) compounds that can be easily tuned with
external field.
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exchange strength, the newly
discovered compound
Na2BaCo(PO4)2 provides a rare
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quantum criticality in an ideal
triangular lattice with quantum
spin S = 1/2. In addition to the
establishment of the complete
phase diagrams, the spin
Hamiltonian with a negligible
interplane interaction has been
determined through the spin
wave dispersion in the polarized
state, which is consistent with the
observation of a two-dimensional
quantum critical point with the
Bose–Einstein condensation of
diluted free bosons.
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In this work, we investigate the quantum criticality in the 2D
bosonic system by studying the field-induced phase transitions
in the recently discovered spin-1/2 triangular-lattice antiferro-
magnet Na2BaCo(PO4)2 (35, 36). Measurements of magneti-
zation, specific heat, magnetocaloric effect (MCE) and single
crystal neutron scattering have been performed. An AFM phase
transition around 0.15 K was observed, with an incommensurate
magnetic wave vector located around (1/3, 1/3,±0.167(3)) in
zero field. With applying the in-plane and c-axis directional
magnetic fields, different magnetic phase diagrams were explored,
which are in overall agreement with the previous theoretical
studies (16, 17, 37). The spin-1/2 XXZ model in Eq. 1 on the
triangular lattice with parameters derived from the magnetization
measurements was further confirmed by the magnon dispersion
observed in the fully polarized ferromagnetic state, and a 2D
quantum universal scaling was observed.

Results and Discussion

Crystal Strucutre, Effective Spin and Anisotropic Magnetic
Interaction. As shown in Fig. 1A, Na2BaCo(PO4)2 crystallizes
in the trigonal crystal structure (P3̄m1) with lattice parameters
a = b = 5.3185 Å and c = 7.0081 Å (35). The magnetic
Co2+ ions are coordinated to six oxygen atoms (three above and
three below the layer), which result in a slightly distorted CoO6
octahedra without the fourfold symmetry, or it can be viewed
as a distorted triangular prism of local D3d (3̄m) symmetry. In
the crystal ab plane, these Co2+ ions form a perfect triangular
network, with the layered AA-stacking along the c-axis (Fig. 1 A
and B). The Co2+ in this triangular prism crystal field results in

an effective S = 1/2 degree of freedom at low energy due to the
spin–orbit coupling (38).

The isothermal magnetization, M(B), measured at 2 K for
the magnetic field applied along a, a∗, and c directions is
shown in Fig. 1C (details of the orientation are shown in
SI Appendix, Fig. S1). For field in the ab plane, the magnetization
is nearly isotropic, with the saturation moment ≈ 2.2µB/Co.
For field along the c-axis, which is also the local high symmetric
direction of the CoO6 triangular prism, the magnetization is
slightly larger, with the saturation moment ≈ 2.5µB/Co at 6 T.
The temperature-dependent DC magnetic susceptibility, χ(T ),
with B ‖ a∗ and B ‖ c is shown in Fig. 1D. The Curie–
Weiss law was applied to fit the inverse susceptibility 1/χ(T )
from 5 K to 50 K by including a temperature-independent
Van Vleck contribution χ0, as shown by the red solid line in
Fig. 1D. By the fits, we can obtain the Curie–Weiss temperature
θabCW = −1.51(2) K, θ cCW = −2.59(1) K and the effective
moment µab

eff = 3.61(1)µB/Co, µc
eff = 4.15(1)µB/Co for

B ‖ ab and B ‖ c, respectively.
We can write down the triangular-lattice spin-1/2 XXZ spin

Hamiltonian to model the spin system in Na2BaCo(PO4)2

H =
∑
〈ij〉

[Jxy(Sxi S
x
j + Syi S

y
j ) + JzSzi S

z
j ]

− µB
∑
i

(B · g · S), [1]

where the summation runs over the nearest-neighbor 〈ij〉 sites and
the last term is a shorthand notation for the Zeeman term with
anisotropic g-factors. The second nearest-neighbor interactions
in the ab plane and the near-neighbor interactions between the
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Fig. 1. Crystal structure, magnetization, and neutron diffraction image. (A) Crystal structure of Na2BaCo(PO4)2. (B) Triangular layer of magnetic CoO6 prism in
the ab plane. J is the nearest-neighbor exchange interaction. (C) Isothermal magnetization, M(B), measured at 2 K with field applied along the a, a∗, c directions.
(D) Temperature dependence of magnetic susceptibility, � , and inverse susceptibility, 1/� , in field 0.1 T along the a∗, c directions. Solid lines are the fits using
the Curie-Weiss law between 5 K and 50 K. Diffraction image in the (E) (H, K, L = 0) scattering plane collected at T= 50 mK and B=0 T with the intensity integrated
from [−0.25,0.25] along the vertical [0,0,L] direction and (F ) (H, H, L) scattering plane measured at T=50 mK< TN and T = 450 mK> TN in zero fields, respectively,
with the intensity integrated from [−0.05, 0.05] along the vertical [H, −H, 0] direction.
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triangular layers along the c direction are neglected here, and
the details are explained in part 9 of SI Appendix. The local
crystal field gives rise to the anisotropic exchange interactions
and effective g-factors with the values of Jxy = 1.00(1) K,
Jz = 1.73(1) K, gab = 4.17(1) and gc = 4.79(1) extracted
from the Curie–Weiss fitting in Fig. 1D, according to Jxy/z =
3θab/cCW /(zS(S + 1)) and µab/c

eff = gab/cµB
√
S(S + 1) with the

number of nearest neighbors z = 6 and spin S = 1/2. The
parameters for the XXZ model Eq. 1 are justified by the magnon
dispersion in Fig. 4B as further discussed later.

Neutron Diffraction and Zero-Field Antiferromagnetic
Ordering. From the single crystal neutron diffraction experiments
in Na2BaCo(PO4)2, clear magnetic Bragg peaks were uncovered
at K points at 50 mK (Fig. 1 E and F), suggesting the presence
of a long-range magnetic order ground state. All observed
magnetic reflections can be indexed using magnetic wave vectors
km = (1/3, 1/3, kc = ±0.167(3))(Fig. 1F). For such magnetic
wave vector in Na2BaCo(PO4)2, the spin configuration can
be described by three different irreducible representations (SI
Appendix, Table S1). For 01, the spins are parallel to the c axis
with a UUD configuration in each layer with kc modulating the
amplitude along the c-axis (SI Appendix, Fig. S4A). For 02 and
03, the spin configurations are degenerate 120o spin structure
of antiphase chirality, and the spins rotate along the c-axis with
an angle kc · r (SI Appendix, Fig. S4 B and C ). A combined
representation of 01 and 02 was also considered. The spin
configuration is a combination of the magnetic structure 01 and
02, with partial spin component forming a 120◦ structure in the
ab-plane and a UUD configuration along the c-axis (SI Appendix,
Fig. S4D). In addition, it is worthy to note that if we combined
01, 02, and 03 and fixed the ratio of 02/03 = 1 : −1, a
“Y”-shaped spin configuration could be obtained (SI Appendix,
Fig. S4E), which corresponds to the ground state of the easy-axis
XXZ model for S = 1/2 TAF (16). However, the fitting results
for all the abovementioned models are comparable to each
other, due to the limited magnetic reflections, and it is hard
to uniquely determine the spin configuration of the ground
state. Detailed discussions of the magnetic structure refinements
are presented in part 3 of SI Appendix. Besides these, all these
refinements lead to a greatly reduced ordered moment around
0.54(2) µB/Co, which is much smaller than the fully saturated
moment, indicating the presence of strong quantum fluctuations
in the ordered state.

Quantum Phases Controlled by Magnetic Fields. Fig. 2 A and
B are the field-dependent magnetization, M , normalized by
the saturation moment Ms (red empty circles), at 60 mK for
both field directions. Unlike in the higher-temperature data
shown in Fig. 1C , plateau-like features start to build up at low
temperatures. This is more clearly seen in the magnetic field
derivative of magnetization, dM/dB, shown by green lines in
Fig. 2 A and B.

For B ‖ a∗, a small cusp is observed in the field-dependent
M/Ms curve, and the magnetic susceptibility, dM/dB, exhibits
a broad peak around 0.51 T, indicating an additional field-
induced phase at base temperature. With further increasing field,
a sharp peak at 1.55 T is observed, above which the system is
tuned into a fully polarized state. Although the magnetization
at the first critical field, 0.51 T, is close to M/Ms = 1/3, no
complete plateau in the magnetization has been established at
this temperature for B ‖ a∗.

The situation is quite different for B ‖ c. As seen in Fig. 2B,
the M/Ms curve exhibits a clear plateau at M/Ms = 1/3
between 0.5 and 1.05 T, consistent with the integrated AC
susceptibility reported earlier (36). The field range of the 1/3
magnetic plateau states is evaluated to be 0.28 < B/Bs < 0.58,
and this is much wider compared to the 1/3 plateau identified
in a similar S = 1/2 triangular antiferromagnet Ba3CoSb2O9
and the theoretical calculations (24, 39, 40). In addition, extra
maximum-like anomalies are observed in dM/dB forB ‖ c before
the system is fully polarized, indicating additional field-induced
phases, illustrated by the different vertical color bars in Fig. 2B.

Additional evidence of successive field-induced phases is
provided by the MCE measurements, which are shown for
both field directions in Fig. 2 C and D (the complete MCE
data set is presented in SI Appendix, Fig. S11). In MCE
measurement, the sample temperature variation is recorded as
a function of changing magnetic field, in a quasi-adiabatic
condition (18, 41, 42). The phase boundaries determined from
dM/dB and the anomalies in the MCE curves are in good
agreement with each other.

The evolution of the anomalies in dM/dB with increasing
temperature is presented in Fig. 2 E and F . For B ‖ c,
the dip-like features disappear as the temperature is raised to
about 150 mK. With further increasing temperature, the 1/3
magnetization plateau gradually disappears around 350 mK
(Fig. 2F ). The contour plots of the magnetic susceptibility,
dM/dB, are summarized in Fig. 2 G and H , with the phase
boundaries extracted from the peak positions in the field-
and temperature-dependent magnetization measurements (SI
Appendix, Figs. S5–S7). It is interesting to notice that these peak-
like anomalies in dM/dB around the saturation field shown in
Fig. 2 B and F are rather broad for all the temperatures accessed.
This is due to the presence of the strong quantum fluctuations in
this quantum critical region. These peaks are more like crossovers
rather than sharp phase transitions at these finite temperatures,
and these center positions extend linearly to the critical saturation
field at zero temperature (red empty stars in Fig. 2H ).

To further characterize the field-induced quantum phase
transitions in Na2BaCo(PO4)2, specific heat measurements
were performed. Fig. 3A shows the zero-field specific heat,
Cp, down to 70 mK. The specific heat of the nonmagnetic
isostructural compound, Na2BaMg(PO4)2, was measured in the
same temperature range (green line in Fig. 3A) and used for the
estimation of the phonon contribution. The magnetic specific
heat, CM, with phonon contribution subtracted is presented
in Fig. 3B. We observe a broad, hump-like anomaly, which
extends over a wide temperature range centered around about
1 K, suggesting the establishment of a short-range order hosting
a great amount of spin fluctuations. With further decreasing
temperature, the fluctuating spins are gradually frozen, and a
long-range AFM order is established at TN = 150 mK, as
revealed by a sharp λ-type peak in specific heat. A peak in
the temperature derivative of magnetization, dM/dT , is also
observed at about 150 mK (SI Appendix, Fig. S5), consistent
with the specific heat measurements. The magnetic entropy
calculated from the measured specific heat is shown by the red
line in Fig. 3B. In order to obtain the full entropy of Rln2 of
the effective spin-1/2 doublet ground state, a residual entropy
of about 0.1Rln2 was added to account for the inaccessible
temperature region below 70 mK. Nevertheless, even with this
residual contribution included, the magnetic entropy released at
the phase transition temperature is relatively small, only about
0.25Rln2 at TN = 0.15 K, indicating that a great amount
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G

Fig. 2. Magnetization, magnetocaloric effect (MCE), and magnetic phase diagram of Na2BaCo(PO4)2 at ultralow temperatures. (A and B) Field-dependent
normalized magnetization, M/Ms , (red circles) and magnetic susceptibility, dM/dB, (green lines) of Na2BaCo(PO4)2 measured at 60 mK with applied field along
the a∗ and c directions, respectively. (C and D) Magnetocaloric effect measured at constant system temperature at about 80 mK and 60 mK by sweeping
magnetic field up with applied field along the a∗ and c directions, respectively. (E and F ) Field-dependent differential magnetic susceptibility, dM/dB, measured
at different temperatures with applied field along the a∗ and c directions, respectively. (G and H) The field-temperature magnetic phase diagram overlaid on the
contour plots of magnetic susceptibility dM/dB with field along the a∗ and c directions. The magnetic phase boundaries are extracted through the magnetization
and neutron diffraction measurements as indicated.

of moment fluctuations are present not only above the phase
transition but also persist deep inside the ordered state. This
is consistent with our neutron-scattering results with a greatly
reduced ordered moment and is also the most recently reported
µSR result (43). More details of the entropy in field-induced
phases are shown in SI Appendix, Figs. S9 and S10.

The temperature-dependent specific heat measured at different
magnetic fields is shown in Fig. 3 C and D, and more detailed
data are shown in SI Appendix, Figs. S9 and S10. The field-
induced magnetic order is revealed by peaks in specific heat. With
increasing the magnetic field, the phase transition firstly shifts
toward higher temperature and then back to lower temperature,
after reaching the maximum at T ≈ 0.24 K and 0.37 K
for B ‖ a∗ and B ‖ c, respectively (Fig. 3 C and D). The
peak positions extracted from the specific heat measurements
are plotted in Fig. 3 E and F ; these results are consistent with

the phase boundaries extracted from the magnetic susceptibility
(Fig. 2 G and H ).

The local trigonal prism crystalline electrical field (CEF) results
in the anisotropic g-factors and Ising-like exchange interaction,
Jz/Jxy ' 1.73. Previous theoretical studies (16, 17) on the easy
axis XXZ model in Eq. 1 indicate a “Y”-shape spin configuration
in the zero-field ground state, which is also included in the
candidate magnetic structures as we discussed above. Theoret-
ically, the magnetic field with B‖c induces successive magnetic
quantum phase transitions at zero temperature with the different
spin configurations, i.e., “Y”-shape, uud 1/3-plateau phase, “V”-
shape, and fully polarized states. A small in-plane field with B‖ab
reorients the zero-field c-axis “Y” spin configuration into the in-
plane inverted-“Y” one. The increasing field with B‖ab induces
the spin system into the in-plane “V” shape and further into
the fully polarized state. The theoretical phase transitions are

4 of 9 https://doi.org/10.1073/pnas.2211193119 pnas.org

D
ow

nl
oa

de
d 

fr
om

 h
ttp

s:
//w

w
w

.p
na

s.
or

g 
by

 S
O

U
T

H
E

R
N

 U
N

IV
E

R
SI

T
Y

 O
F 

SC
IE

N
C

E
 A

N
D

 T
E

C
H

N
O

L
O

G
Y

 o
n 

D
ec

em
be

r 
15

, 2
02

2 
fr

om
 I

P 
ad

dr
es

s 
11

6.
7.

23
4.

23
6.

https://www.pnas.org/lookup/doi/10.1073/pnas.2211193119#supplementary-materials
https://www.pnas.org/lookup/doi/10.1073/pnas.2211193119#supplementary-materials


A
B=0 T

B
B=0 T

C

D

Bc1 Bs

E

F

Fig. 3. Specific heat and magnetic phase diagram at low temperatures. (A) Zero-field specific heat, Cp, of Na2BaCo(PO4)2 (red circles) and Na2BaMg(PO4)2
(green line). (B) Magnetic specific heat, CM, of Na2BaCo(PO4)2 (green circles) at zero field. Magnetic entropy (red line), where the integration range is from 0.07
to 20 K. (C and D) Low-temperature magnetic specific heat, CM, for Na2BaCo(PO4)2 measured at different fields along the a∗ and c directions, respectively.
(E and F ) Field-temperature magnetic phase diagram with field along the a∗ and c directions, respectively. The magnetic phase boundaries are extracted from
M(T, B), C(T, B) and neutron diffraction measurements.

consistent with the experimental phase diagrams in Fig. 3E andF,
and we then mark the theoretical spin configurations accordingly,
although these magnetic structures need further confirmations in
the future neutron- scattering experiments.

Neutron Scattering and Spin Wave Dispersion. Neutron scatter-
ing experiments in the [HK 0] scattering plane with magnetic field
along the c-axis were also performed. Fig. 4A is the field evolution
of magnetic order of Na2BaCo(PO4)2 measured at 60 mK. The
AFM wave vectors are always located at K points in the (HK 0)
plane, while the locations modulate along the (00L) direction
with increasing field along the c-axis. At the first critical field at
0.3 T, where the system was tuned into the 1/3 plateau phase,
the zero-field magnetic wave vector only slightly shifts, and an
enhancement of the peak intensity was observed. At the second
critical field at 1.2 T, in contrast to the weak anomaly observed
in the field derivative magnetic susceptibility dM/dB (Fig. 2B),
an abrupt jump of the wave vector was observed, where the new
magnetic wave vector was found to be [1/3, 1/3, 0.307(6)]. With
further increasing field, these magnetic peaks disappeared around
1.4 T, which is consistent with the phase diagram extracted
from the magnetic susceptibility and specific heat measurements
(Figs. 2H and 3F ). We have to mention that, at T = 60 mK, no
well-established magnetic peaks were resolved in between 1.4 T
and the saturation field Bs. This suggests that the static ordering
temperature of this field region is likely to be below the measuring
temperature.

The relative small critical field of Na2BaCo(PO4)2 provides
us a rare opportunity to justify the spin-1/2 XXZ Hamiltonian
Eq. 1 derived from our magnetization measurements. The large

field polarizes the system into a fully polarized ferromagnetic
state, and the classical linear spin wave theory turns out to be
exact for the single-spin-flip, i.e., magnon excitation. Shown
in Fig. 4B is the spin wave dispersion of Na2BaCo(PO4)2
measured along M − K − 01 − M directions in the fully
polarized state with an applied magnetic field B = 3.5 T. We
found that an energy gap around 0.484 (5) meV arose at the K
point. The energy dispersion shown by the black empty circles in
Fig. 4B was extracted from the fitted center positions of Gaussian
functions. Spin wave excitations were simulated using the spin-
1/2 XXZ Hamiltonian Eq. 1 with the nearest neighbor exchange
interactions Jxy = 0.882(7) K , and Jz = 1.451(9) K (blue solid
line in Fig. 4B), which match well with the data in the whole
Brillouin zone region. Detailed discussion of the linear spin-wave
fitting could be found in part 9 of SI Appendix. These exchange
parameters extracted through neutron scattering here are also
consistent with those values determined from the Curie–Weiss
fitting based on the magnetization data (Fig. 1D). The energy
dispersions along the (00L) direction were presented in Fig. 4C .
In contrast to the remarkable momentum dependence in the
(HK 0) triangular plane, flat modes were observed at all high
symmetry points (01, M , and K ) along the (00L) direction,
suggesting a negligible dispersion along the c-axis. Therefore,
we can map the system onto a two-dimensional dilute bose gas
of the magnon excitation, which possesses a two- dimensional
QCP with the Bose–Einstein condensation of diluted free bosons
(magnons).

Field-Induced Quantum Criticality. The overview of the field-
dependent magnetic specific heat measurement is presented in
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Fig. 4. Neutron-scattering results of Na2BaCo(PO4)2. (A) Field-dependent
magnetic order parameter measured at T = 60 mK with B ‖ c. The elastic
signal was integrated over energy1E = [−1,1] meV with incident energy Ei =
23.64 meV at K point. The field-induced critical fields are marked as vertical
dashed lines. (B) Contour maps of the experimental spin wave dispersion
along M − K − 01 −M direction in the fully polarized state, in field B = 3.5 T
and at temperature T = 50 mK. The empty circles with error bars are the fitted
center positions, and the solid blue curve is the simulated linear spin wave
dispersion, using the spin exchange interactions described in the main text.
(C) Flat spin wave dispersion along (00L) direction at different high symmetry
points (0, M and K ), measured in the fully polarized state of Na2BaCo(PO4)2
with B = 3.5 T and at temperature T = 50 mK. The blue dashed lines are
guides of eyes.

Fig. 5A andB, and contour maps of the measured specific heat are
presented in Fig. 5 C and D. The crossover behaviors extracted
from the broad maximum of the field-dependent Cp/T were
marked by the blue stars for both field directions. In the contour
maps, the blue stars extend nearly linearly to zero temperature
for both field directions (blue dashed lines in Fig. 5 C and D),

T ∗ ∝ (B − Bc)νz , [2]

with the dynamical critical exponents νzab = 0.93(24) and
νzc = 0.93(12) obtained by fitting the crossover behaviors for
both field directions. This provides a strong constraint on the
universality class of the field-induced QCP at the saturation field
in Na2BaCo(PO4)2.

In addition to the specific heat, an independent check of the
universality class is provided by magnetic susceptibility scaling.
Assuming the validity of hyperscaling, the scaling function of the
magnetic susceptibility can be derived from the field derivative
of the free energy (30, 31, 33, 49, 50),

dM
dB
· T β = f (T /(B − Bs)νz) , [3]

where β = 2/νz − (d + z)/z. Upon properly adjusting the
values of the critical exponents, all the measured susceptibility
curves collapse onto a single universal curve, as shown in Fig. 5
E and F . (More details are given in part 8 of SI Appendix.)
From this scaling analysis, we obtain νz = 1 for fields along
both directions and β = 0.1 and β = 0.23 for B ‖ a∗ and
B ‖ c, respectively. For a two-dimensional BEC universality class
with d = 2, z = 2, and ν = 1/2, the ideal scaling hypothesis
would lead to β = 0. Although there is a slight deviation of
the experimentally obtained β from the expected value of exact
zero, the observation of the universal quantum critical scaling
for both field directions in Na2BaCo(PO4)2 is truly remarkable
and has not been so clearly identified in 2D frustrated triangular
quantum magnets before.

Discussion and Conclusions

The 2D scaling of the thermodynamic properties is notewor-
thy in Na2BaCo(PO4)2. To reconcile the theory and experi-
ment, we examine the interlayer superexchange interaction in
Na2BaCo(PO4)2. The detailed superexchange paths are shown
in SI Appendix, Fig. S15. The interlayer coupling contains the
c-axis directional nearest-neighbor exchange Jc

∑
〈ij〉c Si · Sj and

also next-nearest neighbor ones J ′c
∑

[ij]c Si · Sj. The interlayer
coupling results in the c-axis Fourier dispersion ωc = 2(Jc +
2J ′c(cos(k · a1) + cos(k · a2) + cos(k · (a1 + a2))) cos(k · c),
where k is the wave vector, and a1,2 and c are the in-plane
and c directional primitive unit cell vectors, respectively. In
Na2BaCo(PO4)2, the ordered phase near the saturation field
Bs for both B‖c and B‖ab has the ordering wave vector
k = (1/3, 1/3, kc), and the c-axis dispersion of the interlayer
coupling is ωc = 2(Jc − 3J ′c) cos(kc). In Na2BaCo(PO4)2, the
superexchange interactions between the spins on Co2+ ions are
mediated by PO4 tetrahedron. Most importantly, for a simple
counting, Jc has three exchange paths, while J ′c has one (SI
Appendix, Fig. S15). If we assume that the c-axis directional
interlayer superexchange paths of the nearest-neighbor and next-
nearest neighbor interlayer couplings are equivalent, this results
in Jc = 3J ′c. This then allows a perfect cancellation of the
interlayer couplings of Na2BaCo(PO4)2 for the single magnon
ωc = 0 near the saturation field. We stress that this cancellation
is only an approximation since these two exchange paths cannot
be exactly identical. However, the threefold symmetry makes
this approximation very promising. We have to mention that
this dimensional reduction appears only at the QCP near the
saturation fields where the ordering moment vanishes. Away
from the saturation field, the ordering moment is finite, and
the effect of the interlayer coupling has the high-order effect and
results in the competing effective coherent interlayer hopping (8),
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Fig. 5. Quantum criticality of Na2BaCo(PO4)2. (A and B) Field-dependent magnetic specific heat, CM/T , at different temperatures with field along the a∗ and
c directions, respectively. (C and D) Contour plots of the magnetic specific heat with the magnetic phase diagram overlaid. The blue dashed lines indicate a
crossover associated with the broad maximum observed for both field directions. (E and F ) Critical scaling of the magnetic susceptibility with field along the a∗,
c directions, respectively.

probably accounting for the zero-field incommensurate ordered
wave vector at low fields.

The narrow magnon bandwidth rendered by the strong
geometrical frustration can give rise to various exotic magnetic
quantum states, and the related field-induced quantum critical-
ity constitutes an essential part of condensed matter physics.
Although a variety of frustrated systems have been studied, a
clear demonstration of a 2D QCP of BEC type with dynamical
exponent z = 2 in real quantum magnets remains unusual.
An important reason is that the weakly three-dimensional
couplings always play a role in real materials as the temperature
approaches zero. However, the characteristic universal scaling
and the linear crossover behaviors of Na2BaCo(PO4)2 distinctly
demonstrate a field-induced QCP dominated by the 2D quan-
tum fluctuations, and the inelastic neutron-scattering results
together with the analysis of the superexchange paths suggest
that Na2BaCo(PO4)2 may serve as another rare example of
emergent dimensional reduction which protects the 2D criticality
at T = 0. The relatively low critical fields of Na2BaCo(PO4)2 is
also remarkable, which provide a great opportunity for studying
the field-induced quasiparticle crystal phases and universal
quantum behaviors through various experimental techniques.

Materials and Methods

Materials Synthesis. Na2BaCo(PO4)2 single crystals used in this study were
grown by the NaCl-flux method (35). The starting powder materials Na2CO3
(alfa, 99.5%, BaCO3 (alfa, 99.95%), CoO (aladdin, 99%), (NH4)2HPO4 (aladdin,
99.99%), and NaCl (alfa, 99.99%) were ground thoroughly in a molar ratio
of 1:1:1:2:5. Then, the mixture was loaded in an alumina crucible with a lid

and heated up to 850◦C for 20 h followed by a slow cooling procedure to
750◦C in 100 h. After soaking in water to remove the residual NaCl, plenty of
hexagonal pink single crystals were mechanically separated from the crucible
wall.

Magnetization and Thermodynamic Measurements. For magnetization
measurements, two different magnetometers were used for different temper-
ature ranges: i) commercial Magnetic Property Measurement System (MPMS-
Quantum Design) with DC measurement mode for temperature range T = 1.8–
300 K and ii) a high-sensitive Hall sensor magnetometer (51–53) with dilution
refrigerator insert for the lower-temperature range T = 0.05–2 K. For the specific
heat measurements, a traditional relaxation time method was used, with a
dilution refrigerator insert down to 50 mk in the Quantum Design Physical
Property Measurements System (PPMS). For the MCE measurements, a pre-
calibrated Lakeshore Cernox semiconductor sensor was used, and the field
sweeping rate was set at 20 Oe/s (54).

Neutron Scattering Measurements. The neutron-scattering experiments
were performed using the time-of-flight cold neutron spectrometer, PELICAN,
with fixed incident energy Ei=3.71 meV (energy resolution is about 0.15 meV)
at the Open Pool Australian Lightwater (OPAL) reactor at Australia’s Nuclear
Science and Technology Organisation (ANSTO) (55) and the cold-neutron disk
chopper spectrometer (AMATERAS, BL14 beamline), with fixed incident energy
Ei=23.65 meV (energy resolution is about 1.2 meV) in the Facility (MLF) at the
Japan Proton Accelerator Research Complex (J-PARC) (56). Hundreds of samples
were co-aligned on oxygen-free copper sheets with total mass about 3 g and
cooled using a dilution refrigerator insert in a 7-T magnet on both spectrometers.
The magnetic field was applied along the c-axis of the sample, and the data were
collected at 50 mK, 60 mK, and 450 mK with different magnetic fields. The data
were processed using a combination of the freely available Data Analysis and
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Visualization Environment (DAVE) software (57, 58). The magnetic structure of
the ground state was analyzed by the representation theory (59).

Data, Materials, and Software Availability. All study data are included in
the article and/or SI Appendix.
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